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it fdte syEdeacts =i

sfersfimora @B IT =¥ A AGEAFAT A Generalization FA1 @ I, $N @ e
“AfgeTea 1 (@16 oifere @i sfdfos R wifss T o3 FelkTend 9ot ay wiei:
"q3 s & @itE I8 @I AfETEe ey 26@?! wifarer ae wwEgelf @i arie 2
AYRANFACENT TR (ATFS | OIF Goel [ (Complex Analysis) @2 Freod a6 [ea a
wIz— SIS FFHASE™ (Analytic Continuation) |

o8 ofiors & TR ARAFa T4 AX? WS A b FIHAEEHTT Sgear
TR YA G AR YR, F 2Affe QNmE I \¥— "9qAF T, QAL 1"

>. fererfie ifde aae st sfeHea™T
BN @6 47 iAo SN $TNEF G4 (Geometric Series) WG &F T4 T:

flx)=1+2+2>+2°+ ...

T S @, 93 GRIfGR WA AN 2F @ 0L, IM —1 < o < 1 =W 9@ [z < 1AW
ML OF A 2

fla) = —

Cl—z

QT GG (SR M0 | BFATE FADG g(2) = - 8 2 = 1 IW QA VI AGF T2

1—x
G T e A | 4, AN 2 = 2 e | e e oI N2 1+ 2+44+ 8+,
Tl SRS e gib AR | T8 g(2) @ WA =@ —11
«@f5 @I va 79 1 392 @fS 2 Wi FMeEEE A R s 5’ TReFE
TR | (F TG @Y (—1, 1) FNe 0 el feet, @it o o A AR Feiifre
@ (@FER | QAR AN FHAOA (CIEIAE IC IR A AEANFAS FEMR

Definition: Analytic Continuation

EAIEIbE FrONCE™H (Analytic Continuation) 2 GN (6 el AT ML (HIA
e Fifaterd LRI Q=TI 1 (CINRTE @SFOI S TG GHi6 AL TeriiTe
T 7| O TG PIRCE @SS IoR (@0HE Tga T LS ([@F I 789 27 |

Q. INYH AT Pifam @ wpeifafos weds

B AR e (A GI1F BT @fbe AeiE @9te (Complex Plane) 2t Sfa 1 T ===
Ofs TR g4 42

f(2) =ap+ a1z + a2 +aszz® + ...

QAT 2 N G0 Goe el 1 G LFCIR QAST FNAH (A G e J@Ipre weeteTat
¢ (Disk of Convergence) SIRMIG (convergent) 2 |

IfAGE FRAT (Analytic Function): (Pt FRHANE ©278 WIS Ie0 27, IM ©F
eitages afelt favre ©R wfbe o8ae (complex derivative) AtF | Gft FRAFHTE =roi@
T I A A9 FACS AR I | SAIFGF TS [eeag e, 7w g orwzer=
(RIG @F0 T DA T, O @ (12pT © MeR2 & FILADEE oS FOASREHE
TGN ({9 I e !
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o, o Pifse @R v AMeSIE (Natural Boundary)

T FHE T Goitd e T4 A2 92 2w Ted Yece [ iRl @it Trge Hifaees
@ AR | G I= =Y A Fife® (Gap Series):

fR)=z4+22+ 24+ 22+ 2104 ...

T PCH (MO, QA B 2 T ANSTASTEIR ©CR | WA AN (72 (I ©erd A=A %) |
afbe T8 |2| < 1 93 IS WA (Unit Circle) WS =71

Q2 o 20, 92 FIAEGE T AN TEAE AHER A0 WHAIEDF FBTORHT I
TS FACe AFI? B @i

IM W 2 — 1 @ MeF A, O f(2) = 00 WA (FRA @B 141+ 1+ ... 2@ IW)
adfie, » = 1 fvre @36 Freemfafs (Singularity) SR, @RI TIEG SHIN 207 IR

G 40, AT 2 — —1 97 e Afr ) Pifaces smetEt '@ (—1) + (—1)2 + (—1)* +
(=18 + ... 1 TaSR "™ (P8 IR *M 1 2 AoR! T Gfbe SRR e goeR |

wy O8I, QN W 2 = 4, —i, /4 A QAT @I "Root of Unity" (IR *1STF 92 @
qre) @3 it Tre, (A Fiface afyeient o 3 203 Aoz 92 ASTEF ARSER (Constructive
Interference) (ofF Fa TGS S “fdca osz |

Taee; 93 Premfabetn 3BFE AEET 899 GreitR 99 (dense) (@, ©Tmd TR A
CICT ST +120g Lofe w1 78 74 1 TG AFe1is G(G 2w &b 21 =pibtaie AL (Natural
Boundary) CSfF ICF | T JI3CF FISFGE (FIATSLIR. ALRATAA A WAIFRAGE FFBAGE™T
41 A8 1!

8. AL Wi ©*W (General Gap Theorems)

@2 qRAMGE wwe ge s @ ey baea™ TAmy (3 20

Hadamard Gap Theorem

THFEA YOS SoA={wy:

1 AT G0 S AT FET 2pe 1 I AW ITed TR ANLH TSI 4
@S J(D IO A9 (Geometric Progression) & NCO! ACS (@I pyyy /pp > ¢ >
1), O@ (12 PIRTEE AP TF FASEI2 2(F OF BRI MG | AP AF T[S
9 AE A

Fabry Gap Theorem

TG B e (Jremes Txe wi4):

WY g T @, WfeF Lo 2B Treld 771 qeod TGFE oW W @CFe
AfRF AR (Linear Progression) (60 &© MY, SEIN pr/k — oo B, ©ICOR TIGIAIE
ATTIF Cofd 2R | FILAFH O A (BN A0S AR 1

I r

I r

Polya’s Theorem

T AR Soeiw:

Afealt A @3 Seot rfoe | ol e, anieteten afv tafiss aomeTe G qi e, v @

TR R ARE I (TR FIREHIE ACKETR AR0E WAIADS SO 41 71
Q0O AMNA |
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AT Heier 1120 (Problem Solving Insights)

MR

A2 (RS Y THoF MfIro2 TS A ©f 7, AT Il AT AAGAS UF IO AOF

TgAd iR @ sAferafme: 349 N @ st P(2) Fa s F@r g3e
P(22) = P(z)? @3 TcSl FASAA (A041, O F67 9% 3864 (Roots of Unity) <=l
FICS AN AT AT PO NNSTE SEHFIC 6 | 2t Fifaes 2° @we Ik @52
OCF (FFO A6 |

. OO (AR @fGFe! ABIR: T472 (@I TN ([ @@ 9 T qge A ARG A

TR (@ 1+2+3+--- = —1/12), I FR IR WAIEADS FFOHEEHT T2
9 TR (@ 79 &0 wee) |

. TOIfFSS 4T (Geometric Obstructions): SN FATGLR AT AN SHIATSSF Al ST

AT ACF, A (FAMSIEE Ao@N T4 I 11 1 ITSHEET (Invariant) I TCATSHIE-
@ (Monovariant) (FHEASET @3 FNR ¢292 fofs @ tofa— T = 3@ @
AT 217 PIo @6 WMS e 2IF 20e 2@ 1

At (Problems)

G FOpT ML ©f AR FACO WHa NMA-ABICT FPWEEN (B3 FCE!:

1

2

3

GRS, G B f(2) = 14 2% + 20+ 20 4 ... 1 @6 5 @I e acew
tofd F@? TF G TTFG NI ER I2CE WP PSR S AF? IM I, O
FEHT T T (Closed form) F 2?2

N FE @, f(2) = D00 2 BB T 2| = 1 G0 WHEE AT 1 (Ffere:
2 = e¥P/4 et A ©ICl, (@RI p/q G0 Fom 72) |

. @ W BRTR py /o — 0o AT o wEgold 41 27?7 W e 1 ACH, whiR
AR PIS 2W, OCF CIRTENE FIOTO*T A A2S 27 (7




